Stolz-Cesàro Theorem. Let {a n } and {b n } be two sequences of real numbers. If b n is positive, strictly increasing and unbounded and the following limit exists: lim n→∞ a n − a n−1 b n − b n−1 = l, then the limit lim n→∞ a n b n = l also exists and it is equal to l.
It has been known for years that the sum of integer powers S k (n) = n i=1 i k is a polynomial of degree k + 1 in the variable n having rational coefficients [1] [2] [3] [4] [5] . For example, it is well known that
In this note, we illustrate the power of the Stolz-Cesàro theorem by using it to determine the coefficients of this polynomial. Suppose
where c 0 = 0. To get c k+1 , let us divide the above expression by n k+1 , then take the limit (using the Stolz-Cesàro theoem, since n k+1 is strictly increasing) as n → ∞.
The highest order term in the denominator is jn j −1 . We know that the limit exists, so all of the terms of order higher than j − 1 in the numerator must vanish, all of the terms of lower order have no effect on the limit. Expanding the terms in the numerator and simplifying, we find that the ( j − 1)th order term is
Consequently,
Now by applying (1) and (2) 
